Abstract. In this paper, we define some new notions of triangular Banach algebras and we investigate the derivations on these algebras.
triangular matrix algebras.
Main Results
We start our work with the following easy but essential Proposition which play important role in characterizations of derivations on triangular matrix algebras of order three. 
Proof. We prove just cases (1), (2) and (7), and other cases have similar proof. Let
and 
We introduced the mappings τ M , τ P and τ N on M, P and N , respectively. Now, we have the following lemma.
Lemma 2.3. Let D : T −→ T be a derivation, then the following statements hold
Proof. We only prove (1), other cases are similar. By Proposition 2.1 and Corollary 2.2, we have
In the following theorem, we do not need to assume that A, B and C are unital, and our proof is algebraic. 
Conversely,
Therefore D is a derivation. 
and
for every a ∈ A, b ∈ B, c ∈ C, m ∈ M, p ∈ P and c ∈ C. We denote the generalized Rosenblum operator on M specified by x ∈ A and y ∈ B, by τ x,y
M , and similarly, we denote the generalized Rosenblum operators on P and N specified by x ∈ A, y ∈ B, and z ∈ C by τ x,z P and τ y,z N , respectively.
By Z(A), Z(B) and Z(C), we mean the center of the Banach algebras A, B and C, respectively. Let x ∈ Z(A), y ∈ Z(B) and z ∈ Z(C), the operators τ Proof. It follows by a same reasoning as proof of Lemma 2.6 of [2] . Lemma 2.6. Let ϕ ∈ Hom A,B (M), θ ∈ Hom A,C (P) and ψ ∈ Hom B,C (N ) such that 
by − yb = 0 and cz − zc = 0. It follows that x ∈ Z(A), y ∈ B and z ∈ Z(C). Moreover, we have
Since ϕ ∈ Hom A,B (M), θ ∈ Hom A,C (P) and ψ ∈ Hom B,C (N ), therefore we conclude that in (1) aα − αb = 0, and ϕ(m) = my − xm = τ
P (p), and in (3) bγ − γc = 0 and ψ(n) = nz − yn = τ 
This means that D ϕ,θ,ψ is inner.
Note that in the last part of above proof, we do not use condition (2.3). Now, we are ready to prove the main theorem of this paper. 
and since H 1 (A), H 1 (B) and H 1 (C) are zero, so there are x ∈ A, y ∈ B and z ∈ C such that
It follows that D 0 is a inner derivation specified by
Then D 1 is a derivation and we have 
As well as,
Therefore by Theorem 2.7 and Remark 2.8, we have
.
